
8 'qn libxz - aygnd ircnl dwibel
m"n` Γ |=valid ψ f` ,miiyteg mipzyn Γ-a oi` m` :jxtd e` gked .1

.Γ |=truth ψ

eidi .Fv(Γ) ∪ Fv(ψ) = {x1, ..., xn}-y jk dgqep ψ-e ze`gqep zveaw Γ idz .2
m"n` Γ |=true ψ :gked .ψ e` Γ-a miriten mpi`y mipey mireaw c1, ..., cn

mireawdy reci m` jzaeyz dpzyz cvik .Γ{ c1
x1

, ..., cn

xn
} |=true ψ{ c1

x1
, ..., cn

xn
}

?dfn df mipey gxkda `l

:ze`ad ze`gqepd xear zilnxep ziqwpxt dxev `vn .3

(∀x(P (x) ∧ ∃yQ(x, y)) ∧ ∀x(¬P (x) ∨ ¬∃yQ(x, y))) (`)
∀x(∀y∃zR(x, y, z)) → ∀xP (x) (a)

∀x∃y∀z((∀xP (x)) ∨R(x, f(y), z) ∧ ¬∀z∃x¬R(g(x, z), z)) (b)

:witq A m"n` witqy ilqxaipe` weqt `vn A weqt lkl .4

(∀x(P (x) → ∃yQ(x, y)) ∧ ∀x(¬P (x) → ¬∃yQ(x, y))) (`)
∀x(∀y∃zP (x, y, z)) → ∀xR(x) (a)

∀x∃y∀z(((∀xP (x)) → Q(x, f(y), z)) ∧ ¬∀z∃x¬R(g(x, z), z)) (b)
∀z∀x∃y [P (f(x), y, z) → [(∃v Q(v, x)) ∨ P (h(y), z, x)]] (c)

Σ xear M2 dpan ly dpan-zz `ed Σ oelin xear M1 dpan (ogann dl`y) .5
:m`

.DM1
1 ⊆ DM2 •

.cM1 = cM2 :Σ-a c reaw lkl •
:a1, ..., an ∈ DM1-e Σ-a f inewn-n divwpet oniq lkl •

.fM1(a1, ..., an) = fM2(a1, ..., an)

RM1(a1, ..., an) = t :a1, ..., an ∈ DM1-e Σ-a R inewn-n qgi oniq lkl •
.RM1(a1, ..., an) = t m"n`

:jxtd e` gked .M2 ly dpan-zz M1 idi

.M2-a mb oekp `ed f` ,M1-a oekp weqt m` (`)
.M1-a oekp `ed f` ,M2-a oekp (∃x∃yψ(x, y) → ∀x∀yϕ(x, y)) weqt m` (a)
.M2-a mb oekp weqtd f` ,cpxaxd dpan `ed M2-e M1-a oekp weqt m` (b)


