
3 d`vxd - aygnd ircnl dwibel

(http://en.wikipedia.org/wiki/Deduction_theorem :wikipedia xeyiw) HPC xear divweccd htyn

T `
HP C

ϕ→ ψ f` T ∪ {ϕ} `
HP C

ψ m`

:dgked

.(ψn = ψ xy`k) ψ1, . . . , ψn :T ∪ {ϕ}-n ψ ly HPC-a dgked zxcq zniiw f` .T ∪ {ϕ} `
HP C

ψ gipp
:T `

HP C
ϕ→ ψ f`y n lr divwecpi`a gikep

mixwnd zyelyn cg`a ixyt` df .T ∪{ϕ}-n HPC-a dgked zxcq `id ψ dxcqd xnelk ,n = 1 :divwecpi`d qiqa •
:mi`ad

:HPC-a T -n ϕ→ ψ ly dgked `id d`ad dxcqd df dxwna .HPC ly dneiqw` ψ –

1. ψ → (ϕ→ ψ) (I1)-n
2. ψ HPC ly dneiqw`
3. ϕ→ ψ MP i"r 1,2-n

ψ-y jkl dwcvddy `ed lcadd lkyk T -n ϕ → ψ ly dgked deedz '` sirqa dxcqd ,df dxwna .ψ ∈ T –
.ψ ∈ T -y dzr `id (2 weqt) dxcqa riten

zeipehepend zpekzn ,okle `
HP C

ϕ→ ϕ-y ep`xd xak la` ,T `
HP C

ϕ→ ϕ-y ze`xdl jixv df dxwna .ψ = ϕ –
`

HP C
ϕ→ ϕ ik ze`xdl xyt` la` ,`

HP C
p→ p ik ep`xd dyrnl :dxrd) T `

HP C
ϕ→ ϕ ,driapd qgi ly

.(HPC ly davdd htyn i"r e` dnec ote`a

.T `
HP C

ϕ→ ψi f` T ∪ {ϕ}-n HPC-a dgked ψ1, . . . , ψi m`y miiwzn i < n lkl :divwecpi`d zgpd •

.T `
HP C

ϕ→ ψn f` T ∪ {ϕ}-n HPC-a dgked ψ1, . . . , ψn m`y gikep :divwecpi`d xarn •
:ψn-l xywa zeiexyt` 4 opyi

.HPC ly dneiqw` ψn –

.ψn ∈ T –

ψn = ϕ –

MP i"r (i, j < n) ψi, ψj-n wqed ψn –

.divwecpi`d qiqaa enk weica T `
HP C

ϕ→ ψn-y migiken ,mipey`xd mixwnd zyelya
T `

HP C
ϕ→ ψi miiwzn j-e i iabl divwecpi`d zgpd itle ψi = ψj → ψn :iriaxd dxwna

T ∪ {ϕ}-n HPC-a zegked ψ1, . . . , ψj-e ψ1, . . . , ψi ik) T `
HP C

ϕ → ψj-e (T `
HP C

ϕ → (ψj → ψn) xnelk)
:`ad ote`a T -n ϕ→ ψn ly dgked dpap .(i, j < n-e

ϕ→ ψi ly T-n dgked

{
...

ϕ→ (ψi → ψn)

ϕ→ ψj ly T-n dgked

{
...

ϕ→ ψj

(I2)-n (ϕ→ (ψj → ψn)) → ((ϕ→ ψj) → (ϕ→ ψn))
MP i"r (ϕ→ ψj) → (ϕ→ ψn)
MP i"r (ϕ→ ψn)

:`nbec

.A→ B, B → C `
HP C

A→ C gikedl jixv
:dgked zxcq .A→ B, B → C, A `

HP C
C ik ze`xdl witqn ,divweccd htyn itl

1. A→ B dgpd
2. A dgpd
3. B MP i"r 1,2-n
4. B → C dgpd
5. C MP i"r 3,4-n

1



divweccd htyn zllkd

oekp divweccd htyn f` ,dly cigi wqid llk MP-e dly zeneiqw` I2-e I1-y idylk hxalid gqep zkxrn H-y gipp
htyn zgked ,zxg` ixdy ,igxkd `ed cigi wqid llk MP-y jkl i`pzdy oiivl aeyg .weica dgked dze` mr H-l

.(ψn iabl) mitqep mixwn wecal jxhvz H-l divweccd

N2 dneiqw`d ztlgd i"r HPC-n lawzn miweqtd aiygz zty xear ihqipeivi`ehpi`d hxalid aiygz - HPI :`nbec
.dgkedd dze` mr ef zkxrnl oekp divweccd htyn .¬A→ (A→ B)-a

.zenlyd htyn `l j` ,HPI xear oekp zeze`pd htyn mb :dxrd

ihpnqd divweccd "htyn"

.T `
CP L

ϕ→ ψ f` T ∪ {ϕ} `
CP L

ψ m`

.T ly lcen v idi :dgked

.df dxwna ϕ→ ψ ly lcen v okl .→ ly zn`d zlah itl v (ϕ→ ψ) = t f` v (ϕ) = f m` •

,→ ly zn`d zlah itl ,okl .v (ψ) = t xnelk ,ψ ly lcen mb v oezpdn okle T ∪ {ϕ} ly lcen v if` v (ϕ) = t m` •
.ϕ→ ψ ly lcen `ed v df dxwna mbe v (ϕ→ ψ) = t

divweccd ihtyn ly miwfegn migqep

T `
CP L

ϕ→ ψ m"n` T ∪ {ϕ} `
CP L

ψ :ihpnq

T `
HP C

ϕ→ ψ m"n` T ∪ {ϕ} `
HP C

ψ :ihwhpiq

.miwfegnd migqepd xear dzika gked `ly oeeikd z` gikedl :libxz

miineh`d mipzynd mewna ze`gqep zavd i"r ϕ-n lawzn ψ-e `
HP C

ϕ m`y gikedl :(HPC ly davdd htyn) libxz
.`

HP C
ψ mb f` ϕ ly
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